
Lukuteoria I

30. Olkoot a/b ∈ Q, a⊥b, n ∈ Z≥2 ja n
∣∣a/b. Näytä, että n⊥b.

31. Todista lause 6.3.

32. Määrää sellainen k ∈ Z, että

4/5
−1

= k̄ (mod 11).

33. Muodosta Pascalin kolmio (mod p) riville n = 12 asti, kun p = 2, 3, 5.

34. Määrää
(
31
11

)
(mod p), kun

p = 7, 11.

35. Johda summakaavat

(a)
n∑

k=1

k = n(n+1)
2

(b)
n∑

k=1

k2 = n(n+1)(2n+1)
6

(c)
∑

k3 = n2(n+1)2

4

36. Näytä, että

(a) lim
n→∞

fn+1

fn
= 1+

√
5

2
= α.

(b) fn+2 > αn ∀ n ≥ 2.

(c) f 2
n+1 − f 2

n−1 = f2n.

Viikolla 41: 28, 30 - 34, 35c, 36


